We give here an example, as simple as possible, of a degenerate elliptic operator Yj= 1 Xj where X i9 X 2 ,..., X r are r vector fields with analytic coefficients which, with their commutators of order 1, span the whole space, and such that there exists a nonanalytic function u in the Gevrey class G 2 with £5= x X)u = 0.
We consider an operator (1)
A = yP + Q where P is a second order elliptic (nondegenerate) operator and Q is a first order operator; we assume the coefficients of P and Q are analytic in some neighborhood 0 of the origin in R n = {(x,y); xeR"" 1 and ysR}. For simplicity we suppose [P, Q] = PQ -QP = 0 (however it is possible to consider more general situations). We assume n > 1.
We obtain the following result : 
Then w G G 2 (F) and is nonanalytic in any neighborhood of the origin (see [4]).
We get obviously We use the change of variables (6) y = z 2 + ---+ z 2 .
We denote w by
where w is given by Proposition 2. The function w is in the Gevrey class of order 2 in some neighborhood of the origin in R m+2 and nonanalytic. (If w were analytic, the function (x, z u t) «-* w(x, z 2 , r) would be analytic too in some neighborhood of the origin in R 3 . The latter function is even with respect to z l9 so the function w would be also analytic in some neighborhood of the origin in R x R + x R, which contradicts Proposition 2.)
By the change of variables (6), the operator B defined by (5) In fact, we can construct, by the same method used here, a function w which does not belong to any Gevrey class of order s < 2 and which satisfies Hw = 0.
The operator H is obviously of the form ][] X 2 and satisfies the Hörman-der condition (see [3] ), namely in this case the vector fields Xj and their commutators of order 1 span the whole space.
If, in the example (7), we take m = 1, it turns out that the operator z 2 D 2 x + D 2 + Df is not analytic-hypoelliptic in R 3 ; but it is known (see [5] ) that the operator (8) z 2 D\ + D
